We study the energy density function of nondegenerate smooth maps with vanishing tension field between two real Finsler manifolds. Firstly, we get a variation formula of energy density function by using moving frame. With this formula, we obtain a rigidity theorem of nondegenerate map with vanishing tension field from the Finsler manifold to the Berwald manifold.
Introduction
Finsler manifolds are differential manifolds with Finsler metrics. Finsler metrics are Riemannian metrics but without quadratic restriction, which were firstly introduced by B. Riemann in 1854. Harmonic maps are important and interesting in both differential geometry and mathematical physics. Riemannian manifolds and Finsler manifolds are all metricmeasure spaces, so we can study the harmonic map between Finsler manifolds by the theory of harmonic maps on general metric-measure spaces.
By using the volume measure induced from the projective sphere bundle, harmonic maps between real Finsler manifolds were introduced and investigated in 1-5 . Recently, the author and Shen have studied the harmonic maps on complex Finsler manifolds 6 . In Under what conditions of the energy function a harmonic map is a constant mapping or totally geodesic mapping? This is an important and interesting issue in the study of harmonic maps, which is referred to as the rigidity theorem and studied by many people on the Riemannian manifold 7, 8 . In 1, 2 , Shen and He have obtained some rigidity theorems. In this paper, we get some rigidity theorems for the nondegenerate map with vanishing 2 ISRN Geometry tension field from the Finsler manifold to the Berwald manifold, which generalize the results in 2 .
Precisely, we prove the following Bochner-type formula. Moreover, by using the formula we also prove the following rigidity theorem. Some technical terms above will be explained below. The contents of the paper are arranged as follows. In Section 2, some fundamental definitions and formulas which are necessary for the present paper are given. In Section 3, we consider the map between Finsler manifolds and get a pull-back formula. In Section 4, a Bochner-type formula from the Finsler manifold to the Berwald manifold is shown. Finally, by using the Bochner type formula, we obtain a rigidity theorem.
Finsler Manifold
Let M be an n-dimension smooth manifold, and let π : TM → M be the natural projection. A Finsler metric on M is a function F : TM → 0, ∞ satisfying the following properties:
i F is smooth on TM \ {0};
ii F x, λy λF x, y for all λ > 0;
iii the induced quadratic form g is positively definite, where 
2.2
The canonical projection π : 
where ω a ω a n , A ija A e i , e j , e a . The Chern connection is torsion-free and almost compatible with metric.
ISRN Geometry
The Berwald connection b ∇ is also an important connection on π * TM, which is torsion-free and given by
where "·" denotes the covariant derivative along the Hilbert form. The one-form of the Berwald connection
The curvature 2-form of the Chern connection c ∇ is given by
where Similarly, the curvature 2-form of the Berwald connection b ∇ can also be expressed as Obviously, if X e, then the Ricci curvature is just the common scalar Ricci curvature.
Definition 2.2.
For any X, Y ∈ π * TM, the directional section curvature of M under the Chern connection is given as
2.13
In general, 
3.5
Obviously, if φ is a strongly harmonic map, then
Proof. We will use natural frame to proof the Theorem. The relation between natural frame and moving frame satisfies 
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So, we have completed the proof of the proposition.
The Rigidity Theorem
In 
On the other hand, since 
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Simplifying 4.10 yields
Note that
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